% 7 Im’|€0}vo\1L(o«/,

—

7.1 The Riemommnion 1./.+eqomﬁ
I.,\ 4\413 q:)o,va?vol‘ﬁbl Loe O(Q,E('me, ’HAe '\anegya.Q

[{f S‘{'@P ?mmchw &S A WQVSL S'{QP.FT’A@/‘ e
PVOCE,QO‘( 1o ectend Haz moh@v\Of im“e?va{}l‘o{,\ fo

A Ove %CI/L’eV‘Ol‘Q TDM\/LCHOV& ‘“/IVO L o Q{w«hl’l'm
PVOCQO(uvé l/(,%l‘ln.? %l‘ép fmmc,hb‘/z- ?

Yol i thee fa?(owiw(} —00 <o <b< ao .

r_\D€_4\91.|/1,'ll'l'0|/\ 7l (gj(eﬂﬂ %Amc'l\‘&v\> p
A fumcjr(o'/\ Y. o b] — R is called o

“ sj[ep ]Pmmchow l,/ if J[Oav o o(ecaw\pos[jfo‘,\ °fI=[CuL3J
into d[gr()‘ofvfl' sub — infey vals
o= 1lo<t <<t <t =b
theve are constaufs ¢, C, -0 ¢R, Such Ho
Plx) =~ ¢ V x ¢ (te, ), (cke n).
The onlues of ® ol e poids b, g by
Y(t.), ave avlofﬁyav?.



[}
C
I
(
l 1
I
) (
— | (
1l \ I (
\ ( S
| ‘ Lo 8
1 L | | ! 1 N
J [ > X
a{l {)_ %S{L{b

yej( now 8 [Ol, lg] loe H/\e 3@(’ Of Q@( %%eyo
]rDlAt/LC,'l'llOlAﬂ) CPt‘ [a/ lo] — TR We iiowo SI/LOL,Q
7I’L10t{' S [Ot, b] s a Sczt}o— U'eC'JLOV spoce ff Hoe

vec tor Sppoce Of el veql fmkall?bﬁ

fﬁ Loyl ] —>R .

\Zemww\ A

The set  Slak] is o sub veds. gpce !
the wvedor spowce &f o0l reod ;fmm%‘m«s, e
) 0e Slab],

D 4 %e sfakl = ¢ Ye Sfal])

1) Ye Sab], xe® =>2pe Sfan].



T e onpevkeg ‘.) and 'm) ove tiviald . \We
shors leve F)vo‘oevjn} 0) . et @ be défweo{
o wal« the  subdiv-ision

2 ioa=x, <X, <~---<x =b

OUAO( Yo il VC%PQJ o tie Smlo—ofn‘v(s.‘o«,\

( | [ |
Ao R L L mm - X =k

Now @ef' 0(:{0<‘(1<-~-<11K=B be tle
3M100(il/“(3‘1&4 Vf {01,]0} L«J[/ll‘cl/l COI/JLGJM& a@@ poiv{[’&
9£ 72 ol —Zl:

Loty -t =D, omd U D *§

T hen ¢ oud ¥ ave Comsjroqu( on eu&w?f
S’u\o lvﬂ[evva\ﬂ (f) » ? / ‘}Levefwe Wi 1 alss
constont on <f7 L ) T Lleve)?ave,

P+ e S[Ox\kﬂ .

3

De/ﬁ'm{j—lbb\ 7.7 (IW{EO&"“Q Ofgjrelo fw\«&fm«)t
i) >~0€+ Leé gioll lO] L)e OKQEIIMQO'{ wl'H/l vesroe,{‘ ”'O

']'l/le SutLa—O(f(}fsl‘m q =% <K L - - ~<><H:[o




ornd QQJ‘ Le,(*k-uxk\‘_c‘( :?0\/ K=l = -,
T hewu gel,j
y LF(X\ 0(>< = ; Cx CXK—X,(_,) .

(Demavﬁ 7~\ CG€OM€+VI'Q ivl+evpvc1ta\{10««>"
If Y&) > O %00\/ all Xé[Oula], Gue  Com iwlev]ave]l'
b

i‘f’(x}o{y as the avea QV&""LOJ betiveen H.e
v— ocis  amd  fhe OOLVOLPIA Uf @ Tf © i
meo(]ro&{ue o oL@ sub- wdevoal, Haou He
Cowe,s]oomo((w? oveon i Cownteol ot e

mec(z]o\{w'we %1‘?A \
7,

N

V= P

|

O

~

X

X |- — — _
).a

K

(v

AR

77 4

§ | o Yozl
Y

7/7 . Y ¥0)

. .




i'n) For the iv&ea&an kiq)@o(x oﬁ a sJ(e(o _‘Fvlvtc'hb‘/l
b be wﬁ@@-o{efimd,q e hias b shoow thdt
Hee deﬁl‘u\'l’\.o@\ < ;'w.&(eloemo(%’{' af Floe
sub-division of Hee idevoal [oyl].

Zeb  Heevefore

?: O=%, <K L~ <% _=~b,

2 a-< i, <, «---<t =b
be two o(tffevew{’ sub- olioisions colth
_ ]
Le\@i—w, %) 5 ! ((Jf -ty) E
SeJ( " "
(6= 2 G0mx0), |42 1)
2 (=1 2( ?':7
We have fo showo S‘LF: g <
Z 2’
Cose §

E_()'e‘/(/k Pol’\/{{— l'Vl Z 1S 0“@30 o Pofv‘_% O.E -Z)/
So Xi = ﬁKl- - Tl/tel/\
X, = {:K' < {:1,(\._1-(.] <""<é|,<l.=7<l~, (]éign)/

I ‘=
|

O(VLO'{, C.)~ = Cl‘ fo\/ K,’_I <7.$%|'~ T’/\L/LS



Cose +»

e 2  omd 2' be a!rbf}rvavo& ond Qet 2*
bf’_ -H/Le ng;-O(fU‘fSiOm le(cl/l co.,(!'qug oﬂf Pofuﬂls
”—E ? ond ?{. Theuw Case | 7(0% !
fuo-fe=le
z 77 2 -
(on(poszkovl 7 ] (Z’f\nea\rité OWIO)( Momok)ww&‘):

Ye{’btﬁ Y e Sloyb] OW\S'( Ae R them coe have
{> Y(W—F '1(/><><>0(>( = g(‘((f)obf t jlf’(x)o(x\

b b
ii> S (?\L@(x\ dv =2 5'(‘?()4\ ol .
a . L

QW) dx £ SQ%QO{X.

a

W) ¢ ey = |



(Nl/leve. e lhoove OQG]PL'VLQOQ ;fm/ fuwu%ug
€, ¢ [Ot\b] — R,
Ye W & LG < % ,fo‘, all xelab].
Boof:

Acao\/aﬁwﬁ(}, o Rewank 71 i) ¢ aud ¥ cau
be O(E’EEVLQOQ corth ve—%‘oe.dL b Hie savne sub-divispy

of e i\/ﬂlﬂVUO‘Q [OL(BJ . TLle, ng(m< vf ‘}Lle

quoPOSfJ{O’I/\ aQve. 1“46.% %\r[lf('qg.
i

(Déﬁ\a\'kw\ PR
YQ{' ‘Qs [011 k] —=> R be an a\ka'l'vqwj looumoQE’O{
fw«ckm/\ . Theu

Sbfou..—_ wf Z{cro(x ]‘(eS[a,b],%;f} /

S Pobe = 5 { i’t(/(x)a(x

Ye g[al]O]/ u/é:ES

N

aveé &;ﬂ@eo( 'H/Le h U\aopev ,,/ QMO{ \'ﬂouevh
q%l\e_wxavwx - IV\JFQ%VO‘XU C'R’I""Le?w'ﬂ> ”}e }D



E_XOLVVLFQQ_ 7- z:
) For the dlep fonchion deSlal] e howe

lo lo b

J oo = g%g e = \rohe

a e o

—_—

.1|> ze+ ?'. [O,'j —>R bLe fle D\'v[c_l/\OQ{ fuuac:l?‘ov\
£(*\=—— § ‘nf xec
0, if xZ (L .
Tlen we howe

S‘f&)df - and g,ﬁ(x)oky__ O

@)

’Relﬂ'\a\(e\ 7 O’ L
]V\ %emevaﬁ Loe  lave (f&) Ay & S <) ofse
= Q

Defuition 73
A [oouwxolea( fwacjiw )(O" [ot.lo]—%(lk s called
"Ries aun - iU mL)er \f

v
yf($)0(% = S <)
a

a




Il/\ Jrl/t(% cCoge oné O(C’_Qf\"leﬂo

(pade = [ ok

(ReVVLO\\r% Y
Tl/ug OQQ, (e %\04/\ C'OIV\(L(OQQ,5 Wl‘“/t ‘H/Le, o@egw,l

e vq«e v the case %[C’-Pfuncﬁomg omo{
04\}: COEPQ{TEQQ wx\'\/L ll— C’g

[deed, foV evevy dlep fanchion @5 e
howve gfo(K ¢ gcpc(y, Hevefore gféﬁ
Aquo%LoquL} Loe ?eTL Sf; gf_ Thes ;f
H&ctgf&y/ b foblocss fo( W& %_

&

9

\// N




?VOPO$(Jrme A
A :\9/\ WC—L\‘OV\ ]? [Oc, Io] —> R i R- ft/HLGO(}vcbeee ,
if O\Vl,d WQL& if :?ov eac\/t S >0, theve ex Es{‘

6¥er~) fmmd’l'oms (6 ’L{, € §[Q‘ Lo] s.{-.

3 b“Psfé”*{/b
E‘fu’&)@kx‘ S’Le(x)()&w <S5

T his %ﬁgows ?vovw the deﬁ(‘m\‘l’lrolaa":f 1'1/\79
QVLOK 5‘4'0-

[
?ro'posil’iov\ EAFS
Eu‘e\méj conbue usy ;?le,c,‘!'{om J'D._ (o, b ] 5 R

5 i {-e%va LYe .

Zovimne, P L

Zet 8. (o] — R be conhiuous. Then for
ernch £50 thee exist %J—elo Q.AmJ{ouLg

P U [ob]— R cuchh thaf .

DI IO ]Q(V) < W6 fov ol xefab].

i) 1s) - U6 < € fw bl xela b,




(PYOOi E

As [oub] is a closed devoal, f (s bourded.

Tl/lUL,S fo\/ $>0 'H/tere e\ﬁisjf% SSO g.%:

lf&) - ﬁ(ﬂ\ <L v Ky € [o,lo] woibl -9l <Q
\‘(/lm'fOVM C’,@m{'l.mu(tj,q (OM((’ H/le pvoof Lzév(;)

i fc{’bw% \
Y/\p Tl/te E%K% fC'/V\n.q

N l‘e sulo —Aivisict

Q b
d Sk
ClAOOSe N SU(C’,I/l H/LoLjr (lo—ol)/,/\ < 8 Otlfl,d gelL
t,=a+ k‘o;\o‘ f"" K=0, ~- -, .

T s O(),[Ueg o sub-division
a=t, <t <~ <, _ <t =b
with -t <5 For | 2 k< 1n sef
o= sup i P6) | 4y, < s bl

\

Ce = mf H@\ b, &% & Jckg |



COVOQQOWV}S &. L = CK’*‘—fC?K.) OW\J C|\< “—E(?K') fo\f
Somne poivls 5., %) € [y b, ] and [T <

Tl | cw - C1<\\< 5 v K.

We  noes O(eﬁf\ae %Jrqo fu\wul‘(.%)b L Y (o, L] —R
]EOQQOL—J% !
('P(‘() = C|<, %(Y\'-ZCL fo\, él(-‘ LX< élﬂ:,(léké"‘)

D)= Y(r), (o) = U(tn)
= Witk thene de fl‘wilffomg, c@mo(l'k‘o«%
i) 0\'«0{ n’) ave Sq%éf(‘eo(.

IPYOU]? (onp. FACE

Acw{wé lo Yewama 7% Aleve exist for

Qe >0 5{7:[: )?vmcjﬂ'owg L Y% e Sfabl
wi Ye ‘f <Y O\\AO&

W) —Ub) <

v xefol]

b —a
Tht&» Lo Obejf {TJVOV\/\ vaP~ 7-l‘

b

g @ede - Slémokx . S (¥ - %c)) dy € ki

a a

(prope 2! =) ‘,Eis imlfﬁozvchto@e.

] j\"“



